In the present paper, we obtain an asymptotically precise estimate for the derivative of the difference between the cubic spllne interpolating at the mid points of a uniform partition and the function interpolated.
Then there exists a unique s S(3,P), which satisfies the interpolatory condition:
ixf (f(x) s(x))dg 0, i 1,2 n.
(1. 2) xi_ We observe that the case in which g has a single jump of at p/2, (I.I) holds and the interpolatory condition (1.2) reduces to the condition:
(1.3) H.P. DIKSHIT and S. S. RANA It may be mentioned that the derivative of a cubic spline interpolator has been used for smoothing of histograms (see Boneva, Kendall and Stefanov [3] and Schoenberg 4 [4] ). Considering a function f C and its unique spline interpolant s S(3,P) n matching at the knots < xi >i=0 Rosenblatt [5] has obtained asymptotically precise estimate for s f In the present paper, we obtain a similar precise estimate for the cubic spline interpolating at the mid points between the successive knots.
2. ERROR BOUNDS. C is of course invertible (see [2] , p. 108) and we first obtain the following preliminary results for determining the elements of C-. For, adopting the latter approach we see from (2. 2) that II C-I II 0.i whereas (2.9) together with the fact that 2). Next we see that for the vales of R occuring in T 2
x R x 0(p) (2.22)
Thus, using the hypothesis that f(4) is continuous and applying the result of Lemma 2.3, we have 2 R n j+Rf (4) 2). l(T2)-(2/(22+r)) Z rIR-ilp (-jl + l )(-I) (x) o(p R-il < m j=R+I Combining the estimates of (TI) and (T 2) and noticing that m is arbitrary, we complete the proof of Theorem 2.1 in view of (2.18).
